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AITANTHXEI M

OEMA A
Al.  AmodelEn eQomTOpEVNG KOKA
A2.  Opioudg mapofornc, ON {
A3. a) AdbBog.
B) o kdaOe pilovpe 6tL x% > 0 omdte amd v ekicwon g Tapaforic
x? = konesl 2py = 0. Epdcov p < 0 kau y # 0 npéner y < 0 dpa ta
onueio M(x,y),y < 0 g napaforng 6o Bpickoviar ota 32, 4° tetaptnudplo
Kol OxL ota 12, 22 Tov KapTEGLOVOL GLGTHUATOC aEovmy XOY.
A4.1. Zooto
2. AdBog
3. AdBog
4. Z®0o10
5. Zooto
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@E B" ®AXH

E_3.M)20(c)

OEMA B
Bl. o) Eyovpe @ - (@ +2f) = 3o d*+2i-f= -3 &
@2 +2&-f=-3o3+2i-f=-3e2i-f=—6<
i f=-
Ta 1o || éxovps: @ - f = =3 = |@l - |B| - ovv120° = -3 =
VBBl (-3)=-3=1fl=5=18 =

B) Avtikafiotovtog oty eEicmon g Tapaoin

y? ——4aﬁ x| y? =12 x ondte 2

Apo E ( ) = (3,0) ko1 n diev

B2. H &ficwon g epantopgv g apofoing oto A(l 243 ) elvan

vy =p(x+xq) 6 x+1)ey= 7(x+1)

O ov ¢ dlevbuvonc g eivan A =+/3 omdte, ov @ 1M yovio mov

oymuatiCet e Tov' aEova x'x Ba éxovpe pw = /3 kot w = 60°.

B3. Twy=0¢ovue0 =v3 -x++3 < x =—1. Apa B(—1,0).
Axoun A(l, 2\/?) kot E(3,0) ondre:

(AB)=J(1+1)2+(2\/§—0)2=\/4+1 =4

(AE):J(3—1)2+(2\/§—0)2:\/4+1 =4

(BE)=y(3+1)24+0=14
A@ob (AB)=(AE)=(BE) to tpiyovo AEB &ivol 1c6mlevpo.
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B4. H evbeia OA Siépyetanr amd v apyf tov a&ovov 0(0,0) ko to onueio

A(L,2V3)6pay=a-xq2V3=a -1 a=2V3.
Apa (0A):y = 243 x.

; =2 X o -
[a to onueio F{ V3 { 6\/_ Apa F( 3, 6\/_) Kol

x=-3
_ YEZYr _ Z6¥3-0 _ V3

XE—XI - 3—(-3)

Eneon 2. = /3 &povpe (¢)//TE .

OEMAT

3x—y=1
2x+y=—

Apo K(—1,—4), onote A(—1,

I't. T to onueio K: {

IMa v e€lomon g € D —4 onote
y—4=—-4-(x+
A(=14 \_
| .
, >
K(—1,—4) ’M(l' _a)
E=-B-v=>-(KM)-(KA)=--2-8=81u
( Evodhoxtid E = - " |det (KM, KA)| = =81u)
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I'2. Oewpovue to dtovocpaTa 531 = (-1, —3),52 = (1,—-2) mapdrinia mpog TIC
evbeleg &, &, avtiotoyya. H ofela yovia @ tov gvbeidv & kot & elval ion i

TOPATANPOUATIKY TNG YOVIOG TOV SLVUCUAT®V 61, 6 omoTE :

g - =g

518, =64 |f§2| - va(gl,gz) =

e ——

=

—1+6=m-\/§-avv(§:§;)c}avv 6,52):1—

o (5,8,)=C= ¢ =

I'3. Twy=0omve:2x+0+6=0 %
Apo I'(—3,0).
A

‘Eoto A(x,,V,) Cmovuavo o onueio g & Oa 1oyvet
30 —Yo=1(1)
{ { tvat vsu@swuca o TA // A < det(F/l FA) =0

Eniong ta onpeia I

Ouwg A= ( 0) =(2,4) xat

T4 = 0) = (20 + 3,¥)

2 4
Apa det ®x0+3 Yo =0
S 2y —4x,—12=0<

—2x0+ Yo =6(2)

xo_y0:1<:>{x0:7

, 3
Ot (1) kou (2) divoov : { v, = 20

_sz + yo == 6
Apo A(7,20).
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B" ®AXH

I'd. To M(x,y) elvawonueio g e, 1 &, <
3x—y—-1=0M2x+y+6=0<
Bx—y—-1)-2x+y+6)=0c
6x° +3xy+18x —2xy—y*—6y—2x—y—-6=0<
6x2 —y:+xy+16x—7y—6=0.

OGEMA A

Al. x*+y*+(A+6)x+(BA+4)y+3—-1=
‘Exoope A =A+6B=31+4T =3
A2+ B> —4T'=(14+6)2+ (31 +4)F=4(3=1) =
= A2+ 121+ 36+ 947 + 244+ 1612 + 41 =
= 104 + 401 + 40 = 10(A? F4) =10(1+ 2)2

Z— 0 apa yuo A #= —2 mapiotdvel KHKAo

) A A+6  3A+4 )
ue kévrpo K ( 513 T ) KOl OKTivoL
A
_ x/AZ\r\BZ—Xleo(Mz)Z _ V10:]2+2]
p= B 2 2
O¢étovrac otnv (1): x = =2 xon y = 1 éyovpe

(-2)2+1°+(A1+6)(-2)+(31+4)-1+3-21=0<
©5-24-124+34+4+4+3-A=00=0

Apa to onueio A(—2,1) givon kowd onpeio tov kokwv (1).

A+6 3A+4
A2. TaKévrpar(oVKl')Kkmvsiva(— T ), A+ =2
, A+6 30+4
Exoope X = ——— xuy = — o
2 2

@{ _ 3A+4<:>{ _ 3(—2x—6)+ 4

B 2 B 2
. —6x—18+4 |
ApayI—Tny:3x+7.
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OpogA # —2dpa—2x — 6+ -2 = —2x #4 & x + —2.
INox = —2 noipvoope y =3(-2)+ 7<= y=1.

Apa 0 YE®UETPIKOG TOMOG TOV KEVIPOV T®V KOKA®MV €ivol Tol onueio g

gvbeiog y = 3x + 7 ektdg Tov onueiov mg A(—2,1).

A3. H evbeia (§) epdmteton og kdxho mov opilern (1)e d(K,{) = p (2).

1
(iy=—zsx+7o3y=—x+21ox+3y -

3
A+6 3/14 V10:|A+2
ToK( + — + +|
2 2 fL
A+6 3A+4
0o S )21| _ Y0
Neeres
—A—6—-91—-12—-42
2 O
= =
V10
—104 — 60 A
N | VA0l

LKZ/ |<:>10|2L-|—6|:10|A+2|<:)

A+6 6=—A—-2<advatnnl=—4.
INo vue Cp:x?+y*+2x—8y+7=0 pe K(-14) xm
p =+/10.

A4.’Ecto M(a,0) onueio tov x'x GEova. H uéytomn andotoon tov M and onueio tov

Cy givan
dmax = (KM)+p =/(a+1)*+ (4—0)2 + 10 =
J(@+1)2+16 +V10

Ondte dmax >5+vV10  /(a+ 1?2 + 16 + V10 > 5+ /10
e @+1)?+16>255o(a+1)?>9< |la+1]>3
csa+l>31a+l<-3=a>2Ma< -4

Apo ta onueio M(a,0) tov x'x dEova Ba Eyovv teTumuévn

@ € (—o0,—4) U (2, +0).
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